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Besides tha erm,&«y Y‘af-ﬁu/ U- 5 6@44}4’7‘0 prod-e #
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TA s clear that b Lm}b«:ﬂ value c_Fa Cn"n\f-'—rg,oﬂt'
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(__.4)?::4&"\!. M&a_a[/mu_ YJ-}-[—‘!)HH/VIGJN hac +Hhe
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[X‘n) ,’LAS’ oC Cﬁ?‘l\/ﬂ-("jﬂ-ﬂ{: &MJBLLCDMMC_L wWwhaeh C»mVLr?zm'fb X~

P""“"_ﬁ S"‘-’F}PO-‘-Q— +that ("';1) has a c\s—rwvujmt Mm?mu_
v 5 b:—n.—ub—rj valboe <. Then evary Mhoood of & Corrain
Imost all e oaxs a—)‘.’ +his M&a}/w-nce_ ond hence
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4Cr| 2.
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m/n Z "o .

.I/&/'a C[M+}‘Lﬂ-£ CaMch'lZ_ 6‘3%&@ Are bovndaX.

R"’} ‘-F-(X‘n) 0o a Qwu:hy-— vu-w(_a./ +hen -Fy-r 5:-'1/C«Henr-c..
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m udat on Fﬂ'ﬂ\': A Cmﬂvﬂ-rv-&n'{:-
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Convargent by L4.G.6. The convirrce 7 provad m 4-G.5.
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To Pr'ove_ +that o CMO'L)?'.. -S‘-L7t«1.e.-maz (?(;1) e% 2=l
Mumbkers A5 Co-nija_sz:/m Coan oddo Use Fhe Nastad
inberval s tanon 4.F.F : Let E_ﬁol be] a,<by ke
#
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AL the end U?EM'PM&WL; We. ?E"""Hv"’ s/tw:_lj S e
Concephs for srbeeks a??. real rumbaar,

4:6G.8 Defosibion Lok A = R ke a swbsk o R
Which i bsunded absve (r‘e.s?. bsunded kedov).

A leact wp per (r‘-c.cf. jr'g,._}—ul- ﬁq-w.n..,-) bsund O-ZE.A

09 Coadledd +he Wpber Limi b or the Swhremum (v‘-u-f.
the Lower Lipit o +he Cr‘t—FCmHm) #A Ak a5 enadly
Aenched Ly SipA (vesp. Tnf A).

I’fl wheprr ond Lowar Linuks esa's ke thun clearky
thay are wrignely cleferniined .

An ederront SGRJ&MWL‘W'E#A SR &
ord oy 2 (1) S5 om wpfer bownd o2 A (2) For
enrry wherr bonnd S’oﬁA/ we hoave S <S8! The eondihn
(2) ﬁhgz.?vb(‘\/d/{}v'f o the Fetlovng: (2/) R Lrany €70
there trasks *eA with S-& < X.
mcwrts?mpt;@ assa e M&ld For Y Lovar Linud't,
For ajlae- R/a<b/ +he vvja)d.-f ond bowar L'k o-79.
+He Cnbervads [a/b]/ Jq/b[/ [alb[ and ]a/b]
are a omd b regpechively . The swhset {4, |neiN™S
of, U k- ‘FYW.@J—"U'T'IJ" hao wp)a.-f,fn‘m'/@ | arnk Lovar Lnnt O
The ‘FQWVVII’B Bhisorci ad,urmkm e erastence -
MM»(MW binaqaks .

4-6‘-3 TI’LLM o wlhkura—m& Lowar Limiks. Ew_ra_ Vi —

""”’")"9 bounded albeve (Y‘cs—f. b cundal kuj'm.r) Subse o%
raeld Mumbirs has an WWJ{L‘W'}G [n'-&TJLfW L\‘n«'ﬁ)%m.
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‘Wﬂb— Let S ke an whler beund of & bsunded alove H—oﬁq-t;

Sobsed A vf.!R oand let ae A. B the conshuch'm oL
“+he u*wjur/&mﬁ' ";A/W& Rg,ouh UMee +he process v;-
reshad Calervials . We conshuch ctenvals Eﬂn’ by, | sneh
that ab least one eement R A 5 Gotainad b [On, 4]
and b, +7 an bovind P A. Then cleark; +hese
nested £n£:-rvamhe %nwhf Whickh #5 1t
%ﬂam} 3 A.
Tt ado=aecA and b,=5. A—sswy that a,, and L,
are adready Afriud vt raquired pripetds | fak
An  f ﬁ_r_v_z‘i'__"_:’ > o whferr b and for A

Ares = {&qj_&rg oHhamse

z e
L {@ni-]’” u?— 9’*—:*]"” 4o o %Jﬂdm‘f/ )D.,,-A
ngl =

b, Ur;uw&e..

Therefure ["lm-a/ by, | & the “Aept” vesp. “right” hats-
&?’i [ﬁn,bn] Kccording as Phe padpant of [On,L,] &
AN wppr bend rﬁA v not an wWedear bounk I A.

The case o{i)i‘u; Lorrer Il Con Lie qu,o ana/toaqmn{y
6r war P castence od Phe whppsr ik for e enbset
~A:= {-x|xeAT,

It i comfrrbnbl bo AP B sforermum (reep. the
“frtuem ) o a (hm-smpd5) swhsek Whnich 65 ot bonm e
adovve (\”&&F. not borunded Mw) A P R 4o be 3 (mqa.
--ao') WA +Hhis Conventor WM
hao a swhpremvm and i fimam ve [R:= RU{D -},

-0 o 'Hmesu&remum and D ny the,
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4.-GAo .'I)e,fz{m"h'm Let A bean Jbset # R osnd AelK.
(4) _U'LQFmrzf’ x~ o colled a - closure. bnnf N‘flA *Mu\?,
H&Jhbwhrmﬁ ﬂ A Clm—-r)'wm ak l-uu‘{: e edement of A

(2) —nw«[von& X~ 47 called an accurmwdahivn povit «f A _ -

e/w-? nesghbeurhood o-??.A Conlmins am u?rrf-'m'l-b_!y many
ehermsnks v—]ﬂ A.
(3) The point x 15 callad oy Carur pank or an Caten'or point
A AL Abanughbadhed = <.
14) The seb A & called closed i evary bundary pant
oh A bolongs bo A
(5) The set A cadled dhpen Lf-wﬂ—rg.f?ﬂ'n{: 2 A 6 em
Cher or pont of A,

(heack) a bent £ e R a5 om accu mwdakion pant of A
F o evay nhd of £ corbmiis a poink of A whid S
Aitfrent from . The set oL closwre p ke 2 A A

77 denched by A con® the sek of Cabarsor porks .,_;A/_:,
denntald by A" Apoint £ e RS a closure pont opA R
ol nhy oL Fhare sxisks a Srepprace Ay A €N WA such
Fhat £ =lima, ;K050 accumudabion point A L and
a—n& 2 wiesmbacs £ +he Srqpinte X neiN Can b chosen
Aiffereat fprom x.

From the above deflnibon we hove -

_4“6'—"“ Theorem =, evany subset A o IR we have :

(1) Evany accummloakion et o2 A 05 a oloswre pant o A
ord eviry closwre Paink of A ik 45 et A 5 4
closure -Fwn'rv(: # A
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(2) A SCACA. Rubur A=A  omnd oy P
Acsclosed and A=A Fond only L A Epen .

(3) A 00 J}:—% (:f"csf.c,flo.s-n..l) m R "“f an o v:nqij '\7?. +e
Ci:vn.’:ltm&a{f R\A ’:ﬁA i IR a5 closad (Y'c:-fv. cq:'a-q)r’-,ﬂf.

Exomples of closad (resp. fpen) Subsaks o2 R mre the
closed (ras;:, ﬂoe-n) Srbervals . The hod £~ J}:m n Fervals
Ja,b] amd [ﬂxb[/ ale—fR/ A< b gre net'ther dpen
clapd;

v 4G Ao hare 'J/vrmf.s l"uf-"-rf:o Fhe Whote R (r“e,sT:_
on Bl whete © o Hhe next f)wmﬁrmaah)‘ Wtk an
Fw&'wﬁac for an arkbory ewbok of IR (Mesp.

"'a])wl Co.S ) i

C)e.wr,zj +he .S‘w}ﬂ-re.mm (Y‘G.SF. dn}:-'mufm) v?e a b sunded
alosve (resp. Loarnded bJM) snbset ,__.’D_ R A& a closure

Fn‘n& wf. Fhas subs k. ML We howve

L.G.13 Theorern EVﬂ-r-;L an-n»m,»% bLesunded <Josfed
Sribset v R Conkaims s V%-F-‘mum and (ks S’wP'nynu*'ﬂ/
-2 & least and a 3rud-u$: eJerrent,
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4' G iy Lemma The set a% the accu mdw%
&_7/1@-—7& QYE Yeal rivmbans o clared .

_Far_u-cje Let x be a closure j:m'nlr u:,f. the st cr:’- B acc-
v wdah'on Fm‘rvk.r f the Seqiunce (%) . I e | E"'-
mnhd -??x- Contorinn an accumuwlab’'o>r bent Yy w§F [%5) -
Sinw +has &-vrhd o also @ nhd vf._*j/ S by A
Vﬂf"m;’c& marry Membaars f tha Seqsnce (%5,) Tharefore
X "o an accum wlah'sn P«n'n{,' o-F (%).

Lek (%,) be a bounded e ayitrite F real numbess, By
the Hheoven 4.G.3 o_ﬁ Weisnstrass - Befzano e sab of-
s accumudaktsn psinks Ao W—th and Nohmrally
bounded . er‘f'"w: 197 LGl A5 cloced ard hence
57 4.G A3 U eomtains @ least and a Tr.u.)-ul: edermanks,
These accumwlab'o Pm’nk.f (h/)—u‘clq Comca'de wm c:a.u.a-i?.
C«mv:-rjmb S.v..}vmu...c) are called the Linwt nfer o
and +he Link Swlptn'er »f; tHhe \S'-u}mmu. and are
dencred by Rim inf x5, and Linswp s, vesp.
Mww-'-r/ the accumulahion beant construcked v Hhe
}:—m-rfi F the +Hhearem 532 Werrrshrass - Belzano & +he

Ry o ovr/@'"/‘?'nv S2q nente (%5,) o re=l ww-ulu-rs/ —D
(Vesp. o6 ) 1o am accamwlah'™ bont of (x,) & there-
ex'she A s%s,eﬂ,mcb £ (%) Whish Convarges fo —c0
(Y“&S-P. ) . T"Wn—ere vy :ng&nu’_\i__ r2al nurbess
A}QMW—LMA A %_*r_&«}4ct&wvda.ﬁ'm Em‘n[‘ % P =
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